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Abstract: Ultra-bright source of entangled photons is an essential component in optical
quantum information processing. Here we propose a counterpropagating path-entangled photon
pair sources using a quasi-periodic modulated lithium niobate crystal. The nonlinear crystal
designed by a dual-grid method, simultaneously phase-matched two spontaneous parametric
down-conversion processes. Signal and idler modes have opposite propagation directions in the
two spontaneous parametric down-conversion processes, which is the key to generating pathentangled photon pairs. Compared to copropagating entangled sources, the counterpropagating
path-entangled sources result in a much narrower spectrum. The quantum state of the pathentanglement source is not only suited for quantum coding, but also to allow the implementation
of complex quantum algorithms on a photonic chip.
© 2018 Optical Society of America under the terms of the OSA Open Access Publishing Agreement

1.

Introduction

Quantum information science is a hot research field in recent years. It includes many subfields
such as quantum computing [1–3],quantum cryptography [4–6], quantum dense coding [7,8], and
quantum teleportation [9–11]. Quantum communication is also an important field in quantum
information science. It is theoretically safe compared to classic optical communication. For
these areas of quantum information science, the essential component is an efficient and highquality quantum entanglement source [12, 13]. Quantum entanglement is a quantum mechanical
phenomenon in which the quantum states of two or more objects have to be described with
reference to each other, even though the individual objects may be spatially separated [14–16].
Entangled states of quantum particles highlight the nonlocality and nonseparability of quantum
mechanics [17, 18].
There are many ways to prepare entangled photon pairs. In earlier years, polarization-entangled
photon pairs came from the atomic cascade [19–21]. However, the atomic cascade sources are
not suitable for scalable optical quantum computation and quantum communication because they
are low brightness and suffer a degrade of the polarization correlations when the two photons
are not emitted back to back. Meanwhile spontaneous parametric down-conversion(SPDC) was
discovered as a convenient and robust method to produce entangled photons [15]. The process
of SPDC stems from the second order optical nonlinearity ( χ(2) ) in nonlinear photonic crystals.
The SPDC photon pairs sources have very high purity and reasonable intensity. Today they play
a key role in many quantum applications [22–24]. Besides another efficient method of generating
entangled photon pairs at room temperature is through four-wave mixing(FWM) medicated by
#342338
Journal © 2018

https://doi.org/10.1364/OE.26.027945
Received 14 Aug 2018; revised 20 Sep 2018; accepted 20 Sep 2018; published 9 Oct 2018

Vol. 26, No. 21 | 15 Oct 2018 | OPTICS EXPRESS 27946

the third order Kerr nonlinearity( χ(3) ) [25–27].
Quantum entanglement can be generated in any degree of freedom in a quantum system,
such as the polarization, path, orbit-angular-momentum, frequency, or time-bin degree of
freedom. According to the traditional definition, the simultaneous entanglement in multiple
degrees of freedom of a quantum system is called hyperentanglement [28, 29]. In our work, we
demonstrate a counterpropagating path-entangled photon pairs source using periodically-poled
LiN bO3 (PPLN) crystal. We employ the scheme of quasi-phase matching in the same crystal to
produce counterpropagating photon pairs. Compared with dispersion engineering method to
reach the phase matching of a pump mode to signal and idler modes with different propagation
directions [30], the quasi-periodic modulation method of the nonlinear coefficient we used is easy
to operate. And we can make crystals of any shape by this method. The entangled photon pairs
from our entangled source are also easily collected in clearly opposite directions. This is not only
suited for quantum coding but allows the implementation of complex quantum algorithms on a
photonic chip [31].
This article is organized as follows. In Sec.2 we introduce our scheme that generates pathentangled biphoton states and the nonlinear crystals that meet our requirements are designed. In
Sec.3 the SPDC Hamiltonian is introduced and we derive the Hamiltonian of the two simultaneous
parametric down-conversion processes. In Sec.4 we derive the theoretical model of path-entangled
two-photon states. The path-entangled states produced by our crystal are demonstrated to be
maximally path-entangled bell states using theoretical analysis. The conclusions and outlooks
are presented in Sec.6.
2.

The path-entangled photon pairs source scheme

In this work, we report on a new scheme for generating counterpropagating path-entangled
two-photon pairs in a monolithic quadratic nonlinear photonic crystal. Our scheme is formed by
two simultaneous SPDC processes P A and PB . Both processes have a polarization configuration
of e → e + e , which is defined as the type-0 phase matching case. In process P A, the signal
photons are emitted in the positive direction of the z-axis and the idler photons are emitted in the
negative direction of the z-axis. The photon emission direction of processes P A and PB is exactly
opposite, as schematically depicted in Fig. 1. The wavelength of the signal light is λs = 0.776µm
and the wavelength of the idler light is λi = 0.8428µm in processes P A and PB . The light source
is a 404nm continuous-wave (cw) laser. Besides, the nonlinear crystal works at a temperature of
125◦ C, at which the optimum conversion efficiency is obtained. For the specific frequency mode
of the signal light and the idler light, i.e. the frequency listed above, the path of signal photons
and the path of idler photons are uncertain but interacting in our scheme. So the path-entangled
biphoton states can be collected by our entangled source.
Designing a single nonlinear crystal that simultaneously implements multiple parametric
down-conversion processes is a main challenge in the scheme. According to the knowledge
of nonlinear optics, the parametric down-conversion process can occur only if the momentum
conservation (∆k = 0) and energy conservation conditions are met. However, the phase-matching
condition (the momentum conservation) is often difficult to achieve because the refractive index
of materials is an increasing function of frequency known as normal dispersion. The effective
solution to the problem of phase-matching is known as quasi-phase-matching. Through quasiperiodic modulation of the nonlinear coefficient, the single nonlinear crystal can phase-match the
P A and PB two processes at the same time.
We use the dual-grid method to design the required nonlinear photonic crystal [32]. This method
provides a systematic algorithm for designing a crystal that can simultaneously implement different
interactions with arbitrary phase-mismatch values. In our case, there are two simultaneous SPDC
processes P A and PB . The phase-mismatch values shown in Fig. 2 are ∆k A = k p − k s + k i and
∆k B = k p + k s − k i , respectively. The subscript p, s, and i mean pump light, signal light, and
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Fig. 1. The SPDC processes with counterpropagating photon pairs. The signal light is shown
in red, the idler light is shown in blue, and the pump light is shown in yellow. The top right
of the figure is the partial zoom of our nonlinear crystal. The lower part of the figure is a
schematic diagram of the crystal design. The figure on the lower left is the one-dimensional
quasi-periodic lattice composed of two basic lattice tiles. The green is marked as T A and the
blue is marked as T B . Their lengths are la = 82.4 nm and lb = 89.29 nm respectively. The
lower right figure is the final nonlinear crystal. The black blocks indicate that the nonlinear
coefficient is positive and the white blocks are opposite.
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Fig. 2. The sketch of showing the momentum conversation. ∆k A and ∆k B are the phase
mismatches of processes P A and P B . The left half of the picture is the phase matching
condition of process A. The right half of the picture is the phase matching condition of
process B.

The signal photon and idler photon are counterpropagating, which means that now the signal
and idler momenta almost cancel each other and the phase-mismatch value to be accounted for
by the quasi-phase-matching method is very close to the pump momentum. The phase-mismatch
values of the two SPDC processes need to be compensated by the reciprocal lattice vectors
(RLV) of one-dimensional quasi-periodic crystal. By applying the one-dimensional version of the
dual-grid method, we obtained a one-dimensional quasi-periodic lattice, which consists of two
basic lattice tiles labeled T A and TB . We built the nonlinear crystal from the lattice by modulating
the nonlinear coefficient in the lattice tiles T A and TB to be positive and negative, respectively.
The nonlinear coefficient modulation for the different lattice tiles can also be seen as choosing a
building block for each lattice tile. These building blocks have a specific duty cycle (defined as
the ratio of the positive domain length to the building length). In our crystal, the building blocks
B A and BB are made with 100% duty cycle and 0% duty cycle, respectively. The length of the
building blocks B A and BB is 82.4 nm and 89.29 nm respectively, which equal to the length of
tiles T A and TB . This is illustrated in Fig. 1.
The nonlinear crystal we designed is a 40 mm long, 11.26 mm wide, and 1 mm thick 5%
MgO-doped congruently grown LiN bO3 crystal. The second order nonlinear coefficient χ(2)
of the LiN bO3 crystal is modulated by the electric field poling way. We obtained the desired
distribution of χ(2) by applying an electric field through patterned electrodes on the crystal surface.
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In addition, the input and output surfaces of the crystal were antireflection-coated for the pump,
signal, and idler light to increase conversion efficiency. The crystal design process was rigorously
verified by our simulation programs. The simulation parameters in the program are the same
as the Ref [33, 34]. These parameters are also listed in the first paragraph of this section. The
phase-mismatch values are ∆k A = 35.07µm−1 and ∆k B = 38.003µm−1 for the SPDC processes
P A and PB in our scheme. The numerical simulation results show that the nonlinear crystal has
the desired reciprocal lattice vectors in its reciprocal lattice. These reciprocal lattice vectors
exactly achieve the momentum balance for the SPDC processes P A and PB , which means that
the phase mismatches ∆k A and ∆k B are compensated by the reciprocal lattice vectors. The
Fourier coefficients of the two processes are not exactly equal, but they are approximately equal
to 0.4034. Figure 3 shows the Fourier coefficient at different phase mismatches. It can be seen
from the figure that the expected SPDC processes P A and PB can be effectively produced and
other parameter processes are suppressed.
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Fig. 3. The Fourier transform of our quasi-periodic lattice. The main reciprocal lattice
vectors of the nonlinear photonic crystal are G A and G B and other vectors can be ignored.

3.

The SPDC Hamiltonian

To analyze how the photon pair of signal mode and idler mode are generated, we treat the SPDC
process using the Hamiltonian of the three-mode interaction including pump mode, signal mode,
and idler mode. We assume the nonlinear crystal of length L centered at the origin. And all
electric fields collinearly propagate along the z axis in a single spatial mode. This means that
the down-converted beams are constrained to be collinear with the pump beam. We completely
ignore the transverse spatial modes of the three interacting electric fields. In the experiment, this
can be achieved using the pinholes.
In the interaction picture, the nonlinear interaction Hamiltonian for type-0 interaction may be
taken to be
∫ L
ĤI (t) = ε0

2

− L2

dz χ(2) (z) Ê p (z, t) Ês (z, t) Êi (z, t) ,

(1)
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where the quantized electric fields can be divided into positive and negative frequency parts:
(+)
(−)
Êm (z, t) = Êm
(z, t) + Êm (z, t) ,
(+)
(−)†
Êm
(z, t) = Êm (z, t)
∫
=
dωm Am (ωm ) e j[km (ωm )z−ωm t] âm (ωm ).

(2)

In the above formulas, m = p, s, or i identifies the pump, signal, and idler waves, respectively.
k m is the wave vector of mode m. âm (ωm ) is the photon q
annihilation operator which destroys

one photon with mode m at frequency ωm . Am (ωm ) = i ~ωm /πε0 n2m (ωm0 ) LW02 is a slowly
varying function of frequency because the bandwidth ∆ω of the electric field of mode m is very
small compared to their central frequency ωm0 and we only take into account the rather flat
dispersion in nonlinear crystals. So Am (ωm ) may be taken outside the integral. Note that W0 in
the expression of Am (ωm ) labels the beam waist radius.
In our proposal, the Hamiltonian of the two simultaneous parametric down-conversion processes
that satisfy type-0 phase-matching condition can be expressed as:
∫ L
2
(3)
Ĥ f (t) ∝ ε0
dz χ(2) (z) E p(+) (z, t) Ês(−) (z, t) Êi(−) (z, t) + H.c.
− L2

In the nonlinear photonic crystal, the pump, signal, and idler waves are collinear along the z axis,
and the signal wave and idle wave always travel in opposite directions. So the negative parts of
quantized electric fields for signal and idler waves are as follows:
∫
Ês(−) (z, t) =
dωs A∗s (ωs ) [e−j[ks (ωs )z−ωs t] â†F,s (ωs ) + e−j[−ks (ωs )z−ωs t] â†B,s (ωs )], (4)
Êi(−) (z, t)

=

∫

dωi A∗i (ωi ) [e−j[ki (ωi )z−ωi t] â†F,i (ωi ) + e−j[−ki (ωi )z−ωi t] â†B,i (ωi )].

(5)

Because a SPDC process is very inefficient, We must use a bright pump field at the input. We
consequently treat the incoming pump field as a classical field. The electric field expression of
the pump wave can be replaced by the following equation:
E p(+) (z, t) = E p(−)∗ (z, t)
∫
= Ap
dω p α(ω p )ei(k p z−ω p t),

(6)

where α(ω p ) is the spectral distribution ranging from center frequency δ(ω − ωc ) for cw laser
sources.
Finally, inserting Eqs. (4)-(6) into Eq. (3), we get a more detailed Hamiltonian expression for
the two simultaneous SPDC processes in our scheme.
∫ L
∭
2
Ĥ f (t) ∝
dz
dω p dωs dωi χ(2) (ω p, ωs, ωi, z)As Ai Ap α(ω p )
− L2

× {e j {[k p (ω p )−ks (ωs )+ki (ωi )]z−[ω p −ωs −ωi ]t } â†F,s (ωs )â†B,i (ωi )

(7)

+ e j {[k p (ω p )+ks (ωs )−ki (ωi )]z−[ω p −ωs −ωi ]t } â†F,i (ωi )â†B,s (ωs )}.
In our photon-entanglement source scheme, the bandwidth of signal photons and idle photons
is very narrow. So the second order optical nonlinearity χ(2) (ω p, ωs, ωi, z) change little in the
narrow-band spectrum. We assume that it is only related to position in our calculation process.
In fact, this assumption only affects the degree of entanglement of our path-entanglement source,
but it does not affect the characteristics of path entanglement.
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4.

Theoretical model of path-entangled biphoton states

In this section, we derive the theoretical expression of path-entangled two-photon states on
the basis of the Hamiltonian shown in the previous section. Following a standard approach in
deriving two-photon states created by the SPDC process [35], we assume that the pump field is
not depleted during propagation through the crystal and the interactions that are weak enough
only produce two-photon states and neglect four- or higher photon states. These assumptions
are also reasonable, since only a minor part of the strong pump beam is lost during the SPDC
process. Consequently, we obtain the path-entangled two-photon states in the interaction picture
as follows.
∫ +∞
i
(8)
Ĥ f (t) |ψ(t → −∞)i dt.
|ψ(t → +∞)i ≈ |ψ(t → −∞)i −
~ −∞
where |ψ(t → −∞)i = |0i s |0i i . We further extended the time to plus and minus infinity in
this equation, which is justified since we regard any two-photon state long after the nonlinear
interaction in the medium. In the above equation, the first term is simply the initial state, which
is assumed to be the vacuum state. We are interested in the second term. Hence, combining Eqs.
(7) and (8) and simplifying the result, we arrive at
∬
dωs dωi α(ωs + ωi )[Γ A(ωs, ωi ) |s, F, ωs i |i, B, ωi i + ΓB (ωs, ωi ) |s, B, ωs i |i, F, ωi i],
|ψ2 i = T
(9)
†
where |s/i, F/B, ωs /ωi i = âs/i,F/B,ω
|0i s/i is the single photon state in the signal/idler mode
s /ωi
propagating forward/backward at the frequency ωs /ωi . The pump distribution α(ω p ) = α(ωs +ωi )
represents the energy conservation condition ω p = ωs + ωi . Γ A(ωs, ωi ) and ΓB (ωs, ωi ) are the
phase-matching functions of processes A and B, respectively. They are defined as:

Γ A(ωs, ωi ) =

∫

ΓB (ωs, ωi ) =

∫

L
2

χ(2) e j[k p (ωs +ωi )−ks (ωs )+ki (ωi )]z dz

− L2
L
2

(10)
(2) j[k p (ω s +ωi )+k s (ω s )−ki (ωi )]z

χ e

dz

− L2

The phase-matching functions result from momentum conservation condition, which is dependent
on the second-order nonlinear coefficient structure and the length of the nonlinear crystal. The
path-entangled two-photon states feature an intricate spectral distribution dependent on the pump
distribution and the phase-matching functions.
Figure 4 also confirmed this conclusion. The phase-matching functions of the SPDC with
counterpropagating signal and idler photons are discrete in our nonlinear crystal. This is due to
the quasi-periodic modulation of the second-order nonlinear coefficient of our lithium niobate
crystal. Figure 3 shows the Fourier transform of our quasi-periodic lattice. This Fourier transform
spectrum is discrete, which means that the reciprocal lattice vectors of the nonlinear photonic
crystal are discrete and the Fourier coefficients are mainly concentrated on the two reciprocal
lattice vectors we design. So only some discrete parametric processes implement quasi-phase
matching in our quasi-periodic modulation crystal. The phase-matching amplitude therefore
also exhibits discrete features. In the case of a cw-laser source width a narrow linewidth, the
joint-spectral amplitude distribution of pump spectral distribution and phase-matching spectral
distribution is formed under conditions of the energy conservation and momentum conservation.
We can see from the figures that the parametric down-conservation processes A and B occur
simultaneously and other processes are completely suppressed. This result also shows that

Joint Spectrum of Process A

Phase Matching A
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Fig. 4. The spectrum distribution of simultaneous spontaneous parametric processes A
and B. (a), (c) phase-matching functions of process A and process B, respectively. (b),
(d) joint-spectral amplitude distribution of process A and process B, respectively. The
joint-spectral amplitude of process A is determined by the continuous-wave laser source and
its phase matching function Γ A in the first row. The process B is the same in the second row.

our scheme is feasible. Note that the joint-spectral distribution functions of the simultaneous
parameter processes A and B describe the spectral properties of the generated photon pairs.
To generate a maximally path-entangled two-photon state, we must have the same nonlinear
efficiency along with modal and spectral indistinguishability for processes A and B [30]. For
modal indistinguishability, this can be guaranteed because the forward propagation and backward
propagation counterparts of the signal and idler modes in a single crystal are identical. As for
spectral indistinguishability, We can verify it through the
∬ simulation results in Fig. 4. The
nonlinear
efficiencies
of
processes
A
and
B
are
defined
as
dωs dωi α(ωs + ωi )Γ A(ωs, ωi ) and
∬
dωs dωi α(ωs + ωi )ΓB (ωs, ωi ), respectively, which depend on the Fourier transform of our
quasi-periodic lattice. The nonlinear efficiency is proportional to the Fourier transform coefficient
and pump distribution. So the value of joint-spectral distribution in the Fig. 4 is also proportional
to the nonlinear efficiency. From the joint-spectral distribution, the nonlinear efficiencies of
processes A and B are very high, while the nonlinear efficiencies of other nonlinear processes are
almost zero in our scheme. The nonlinear efficiencies of processes A and B are approximately
equal. To further illustrate the nonlinear efficiency value, we respectively plot the nonlinear
efficiencies of the processes A and B as the function of crystal length.
According to the definition of nonlinear efficiencies of processes A and B above, nonlinear
efficiency is related to the length of the crystal. In Fig. 5, we plot the nonlinear efficiency values
at different position in the crystal in order to determine whether the nonlinear efficiencies of
processes A and B are equal. As can be seen from the figure, nonlinear efficiency gradually
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Fig. 5. The nonlinear efficiencies of processes A and B as the function of crystal length. (a)
process A. (b) process B. From the inserted figures, the nonlinear efficiency fluctuates with
distance but the overall trend is increased. The effective difference between the nonlinear
efficiencies of processes A and B is only one percent.

becomes larger as the crystal length increases. And the nonlinear efficiency periodically increases
by a short distance, as shown in the insert. This is due to the quasi-periodic modulation of the
second-order nonlinear coefficient in nonlinear crystal. Besides the nonlinear efficiencies of the
two processes are different, but their difference is extremely small. One of the reasons for this
subtle difference is the quantization in the simulations.
5.

Discussion

Our path-entanglement source allows full control over the path degree of freedom of entangled
biphoton states compared to existing photon entanglement sources [36]. An additional degree of
freedom for creating entanglement in monolithic crystals is developed. And the path-entangled
states of our sources are easy to be collected because the propagating direction of signal and idler
modes are opposite. Different from other polarization entanglement sources based on quasi-phase
matching of SPDC processes [37, 38], the path-entanglement photon pairs from our source are
easier to be detected. In other words, the detection system does not have to be equipped with
many polarizers to rotate the photon polarization. Counterpropagating configurations in our
scheme allow the splitting of the signal and idler photons from each other. So our entanglement
scheme effectively reduces the complexity of the receiving system, which facilitates on-chip
integration of path-entanglement applications.
In this work, the spatial modes of the down converted beams from the crystal can encode
information, which is an effective way to distribute quantum keys. Our entangled sources can
also be used in some quantum information applications, such as heralded single-photon source
and quantum teleportation [39]. The heralded single-photon can be directly generated and easily
collected from a quasi-periodic modulated nonlinear crystal. Besides other degrees of freedom
like polarization and orbital angular momentum can also be manipulated inside the same crystal,
which will facilitate the preparation of hyper-entanglement with multiple degrees of freedom.
Considering the state-of-the-art domain-engineered technique, our path-entanglement source
in bulk can be developed into on-chip integrated quantum entanglement source. The inherent
stability of integrated optics make on-chip integrated path-entanglement source be a promising
choice for quantum information application which require circuits that are stable, high-fidelity
and highly reconfigurable.
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6.

Conclusion

In summary, we propose an effective entangled preparation scheme, which prepares counterpropagating path-entangled biphoton quantum states in a quasi-periodic modulated nonlinear
photonic crystal. We design the quasi-periodic modulated LiN bO3 crystals by universal dual-grid
method. The LiN bO3 crystal is a common second-order nonlinear material. It can be used to
generate SPDC processes, which is the basis of our path-entanglement source. The dual-grid
method we used is a general algorithm for designing the quasi-periodic modulated nonlinear
photonic crystals. Besides we discuss the theory of SPDC process in the two-photon picture. A
photon from the incident pump field spontaneously decays into two photons labelled signal and
idler in a second-order nonlinear photonic crystal. This process is described by the interaction
Hamiltonian for nondegenerate three-wave mixing in a lossless nonlinear dielectric medium. We
also carefully derive the expression of counterpropagating path-entangled biphoton states and
get the joint-spectral-amplitude functions. Joint-spectral-amplitude functions show the spectral
characteristics of path-entangled photon pairs.
For now, our path-entangled source is a stable, efficient and convenient device for creating
path-entangled biphoton states. Quasi-periodic modulation of second order optical nonlinearity
( χ(2) ) of nonlinear photonic crystals is a versatile and effective method to achieve multiple
simultaneous parametric processes. We can achieve a variety of photon entanglement sources
based on the simultaneous SPDC processes.
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